We first define a (finitely additive) measure on the set of integers and then construct an integration theory of functions defined on the set of integers. The notion of uniform distribution of sequences of integers will be re-defined in terms of measures of certain sets of integers, and we shall formulate and prove our fundamental result on the characterization of uniformly distributed sequences.
The results of the present note can, of course, be easily generalized to the.case of any finite dimensional product of the space of integers.
2. The measure of Banach Buck. There is no essential loss of generality in restricting ourselves only to consider the set of non-negative integers. Let $I$ denote throughout in the following the set of all non-negative integers. According to the result of S. Banach [1; p. 231] and R. C. Buck [2] a totally finite measure $\mu$ is defined on a class of subsets of the space $ I;\mu$ is necessarily finitely additive since points are to have zero measure and the space on which the measure is defined is only countable. 
there is no possibility of confusion in writing $\mu(E)$ instead of $\overline{\mu}(E)$ for sets $E$ which are in Buck [2] has shown among others that the class for $j=1,$ $\cdots,$ $r$ . We set
Consequently, if we put
then we have
if the real yalued functions ${\rm Re} f(x)$ and ${\rm Im} f(x)$ are integrable, and then the integral of $f$ over
Remark. For an unbounded real or complex valued function $f(x)$ defined on $I$ we may define the integrability of $f$ by the existence and finiteness of the limit If $E$ belongs to $\overline{S}$ , then, by (iv) in \S 2, we have $\mu^{*}(E)=\mu_{*}(E)=\mu(E)$ .
The result follows at once.
We can now state our main theorem.
THEOREM. Let $H$ be a subset of I and let $A=(a_{n})$ be a sequence of non-negative integers. A necessary and sufficient condition that the sequence $A$ be uniformly distributed in the set $H$ is that 
